In this study, we introduce the concepts of Wijsman asymptotically -invariant equivalence ( 
INTRODUCTION AND BACKGROUND
Let be a mapping of the positive integers into themselves. A continuous linear functional on ℓ , the space of real bounded sequences, is said to be an invariant mean or a -mean if it satisfies following conditions: * ( ) ≥ 0, when the sequence = ( ) has ≥ 0 for all , * ( ) = 1, where = (1,1,1, . . . ) and * ( ( ) ) = ( ) for all ∈ ℓ .
The mappings are assumed to be one-to-one and such that ( ) ≠ for all positive integers and , where ( ) denotes the th iterate of the mapping at . Thus, extends the limit functional on , the space of convergent sequences, in the sense that ( ) = lim for all ∈ .
Mursaleen [4] defined the concept of stronglyconvergent sequence. Then, using a positive real number , Savaş [9] generalized the concept of strongly -convergent sequence. Following, Savaş and Nuray [10] defined the concept of lacunary -statistically convergent sequence.
The idea of -convergence which is based on the structure of the ideal of subsets of the set ℕ (natural numbers) was introduced by Kostyrko et al. [2] .
⊆ 2
ℕ which is a family of subsets of ℕ is called an ideal if it is satisfies following conditions: * ∅ ∈ , * For each , ∈ we have ∪ ∈ , * For each ∈ and each ⊆ we have ∈ .
Let ⊆ 2 ℕ be an ideal. If ℕ ∉ , then is called non-trivial and if { } ∈ for each ∈ ℕ, then a non-trivial ideal is called admissible.
All ideals considered in this study are assumed to be admissible.
An admissible ideal ⊂ 2
ℕ is said to be satisfy the property ( ) if for every countable family of mutually disjoint sets { , , . . . } belonging to there exists a countable family of sets { , , . . . } such that the symmetric difference Δ is a finite set for ∈ ℕ and = (⋃ ) ∈ .
ℱ ⊆ 2 ℕ which is a family of subsets of ℕ is called a filter if it satisfies following conditions: A sequence = ( ) is said to be * -convergent to if there exists a set = { < <. . . < <. . . } ∈ ℱ( ) such that
It is denoted by * − lim = .
Recently, the concepts of -uniform density of a subset of the set ℕ and corresponding -convergence for real sequences were introduced by Nuray et al. [5] . The class of all ⊆ ℕ with ( ) = 0 is denoted by .
A sequence = ( ) is said to be -convergent to if for every > 0, the set
Let be any non-empty set. The function : ℕ → ( ) is defined by ( ) = ∈ ( ) for each ∈ ℕ, where ( ) is power set of . The sequence { } = ( , , . . . ), which is the range's elements of , is said to be set sequences.
The concept of convergence for real sequences has been extended by many researchers to concepts of convergence for set sequences. The one of these such extensions considered in this study is the concept of Wijsman convergence (see, [6, 7] ).
Let ( , ) be a metric space. For any point ∈ and any non-empty subset of , the distance from to is defined by
Throughout the study, we take ( , ) be a metric space and , , be any non-empty closed subsets of .
A sequence { } is said to be Wijsman convergent to if for each ∈ , In [3] , Marouf introduced the concept of asymptotically equivalence for real sequences. Then, this concept has been development by several researchers.
Two nonnegative sequences = ( ) and = ( ) are said to be asymptotically equivalent if
It is denoted by ~.
The concept of asymptotically equivalence for real sequences has been firstly extended by Ulusu and Nuray [11] to concept of asymptotically equivalence (Wijsman sense) for set sequences. Similar concepts can be seen in [1, 8] .
For any non-empty closed subsets , ⊆ such that ( , ) > 0 and ( , ) > 0 for each ∈ , the sequences { } and { } are said to be asymptotically equivalent (Wijsman sense) if for each ∈ ,
It is denoted by ~ .
As an example, consider the following sequences: The term ( ; , ) is defined as follows: The set of all asymptotically invariant statistical equivalent (Wijsman sense) sequences is denoted by .
From now on, for short, we use ( ), ( ) and ( , ) instead of ( , ), ( , ) and ( ; , ), respectively. The set of all Wijsman asymptotically -equivalent sequences will be denoted by .
Proof. Let , ∈ ℕ are arbitrary and > 0 is given. Now, we calculate
Then, for each ∈ we have For each ∈ and every = 1,2, . .., it is obvious that ( , ) < . Since ( ) = ( ( )), there exists an > 0 such that
− | ≤ for each ∈ ( = 1,2, . . . ; = 1,2, . . . ). So, this implies that
Then, due to our hypothesis, ~ . Then, for each ∈ we get This completes the proof.
Considering the Theorem 2.4 and Theorem 2.5 together we can give the following corollary: 
for each > . Hence, for every > 0 and each ∈ it is obvious that
Since is admissible, the set on the right-hand side of (2.2) belongs to . Therefore, ~ .
The converse of Theorem 2.9 holds if has property ( ). 
